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Abstract: Chern’s conjecture (1968) states that a closed minimal hypersurface
M™ in S"*! is isoparametric if the scalar curvature is constant (CSC). For g =
#{\1,..., \n}, the first non-trivial case g = 3 was solved affirmatively. Isopara-
metric hypersurfaces have g € {1,2,3,4,6}, and the cases g = 4,6 are extremely
intricate. Under the additional assumption that M is a proper Dupin, i.e., A\; and
its multiplicity are constant along its curvature distribution, we show: M is isopara-
metric if (1) g = 3, (2) g = 4, and CSC or CLC, (3) ¢ = 6 and CLC [JMSJ, in
press]. Here, CLC means constant Lie curvature, i.e., the cross ratio of distinct four
principal curvatures is constant. This quantity is introduced by the author (1989)
as an invariant under Lie contact transformations.
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